ABSTRACT. In the previous paper [15] , we determined the structure of the Galois groups Gal(Kur/K) of [10] , this is to show that Kl does not have an unramified A5-extension (which is normal over Q). By using a general fact on the structure of group extensions of A5 and S5 by finite abelian groups, we reduce it to the nonexistence of some quintic number fields and available data suffice for this. This idea also enables us to check that the results in [15] [15] . Note that 94 is the double cover of S4 with S4 ^--' GL (2, 3) . This is used in §7 in [15] given by the composite field of K with the splitting field M of the septic polynomial X7 -X6 -3X5 -X4 + 2X3 +4X2 + 4X + 1, which is a PSL (2, 7)-extension of Q. We verify the unramifiedness of KM/K as follows. Let E be a septic field defined by the above polynomial. Then the discriminant of E is 39832 = 7~' 5692 and the factorizations of the rational primes 7 and 569 in E are 7 = PIP2P3P¡ and 569 = where are primes of degree one and P4, q4 are of degree two. These are checked by using pari-gp version 1.39 (the functions 'galois', 'discf' and 'primedec'). Therefore KE/K is unramified and so is KM/K. In view of the size of the discriminant, the author expects that Q ( -3983 [15] . We apply computer calculation of class numbers to more octic number fields than in the previous paper. We use class number relations and results for class number divisibility to obtain class numbers of fields of higher degrees. For We know that there exist only finitely many normal CM-fields with relative class number one [9] and all dihedral CM-fields with relative class number one have already determined by S. Louboutin et al. [5, 7, 8] . [14] .) Thus, if (r/q) _ -1, then 2 11 h-(E).
We know that there exist only finitely many nonnormal quartic CM-fields with relative class number two [12] and all such fields has been determined by H.-S. Yang and S.-H. Kwon [17] . We also note that in this case by [3, (iv) , (a)] the 2-class field tower of K has length two and IK) C--Q2n (n &#x3E;_ 4).
We can summarize the above as follows. 
